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Abstract: With holographic displays requiring giga- or terapixel resolutions, data compression
is of utmost importance in making holography a viable technique in the near future. In addition,
since the first-generation of holographic displays is expected to require binary holograms,
associated compression algorithms are expected to be able to handle this binary format. In
this work, the suitability of a context based Bayesian tree model is proposed as an extension
to adaptive binary arithmetic coding to facilitate the efficient lossless compression of binary
holograms. In addition, we propose a quadtree-based adaptive spatial segmentation strategy,
as the scale dependent, quasi-stationary behavior of a hologram limits the applicability of the
advocated modelling approach straightforwardly on the full hologram. On average, the proposed
compression strategy produces files that are around 12% smaller than JBIG2, the reference binary
image codec.

© 2022 Optica Publishing Group under the terms of the Optica Open Access Publishing Agreement

1. Introduction

In the last decades, technological advances in the field of optical nano-electronics and the
exponential growth in computing power have increased the viability of holographic displays.
Particularly binary holographic displays appear to be a viable short-term solution for high-end
display. While the reduction in the number of the levels implies a loss of information [1],
non-linearities in the output medium make greyscale modulation difficult [2,3]. For example,
the first wave of computer generated holography (CGH) algorithms [4-6] employed binary
modulation, as only microscopic printing of dots was possible in computer guided plotters
and laser printers. These computer generated holograms offered not only a theoretically and
experimentally verifiable higher signal-to-noise ratio (SNR) over analog equivalents at the
time, but also a much higher diffraction efficiency [7]. Binary digital micro-mirror devices
(DMD) based spatial light modulators that permit thousands of refreshes per second, allowing for
spatial/temporal multiplexing [8,9], were proposed for holographic displays. These techniques
were used to maximize space-bandwidth product (SBP) such that they could be used in prototype
tabletop displays offering 360-degree vision [10-12]. Furthermore, commercially viable devices
would need gigapixel or even terapixel resolution, increasing further the signal processing costs
to accommodate greyscale levels. It is interesting to mention at this point that binary compression
can also be used as a component in a hologram compression scheme where a binary image
is utilized by algorithms to predict a greyscale phase [13]. Though compression solutions for
binary holograms can further reduce the associated data bandwidth costs, achieving efficient
compression for binary holographic content remains a challenge.

Binary signals vary step-wise between the two states, which makes them unsuitable for
transformation with classic sparsifying transforms such as the Discrete Cosine Transform (DCT)
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or the Discrete Wavelet Transform (DWT). The lack of smoothness results in a less sparse signal
that has multi-valued transform coefficients, and as a consequence will reduce compressibility of
the signal. In this case, local neighborhood (context) prediction based compression techniques
maybe more advantageous depending on the spatial correlation exhibited by the signal. The
efficacy of utilizing spatial correlation for compression can be quantified in terms of entropy — the
mathematical lower bound on the minimum number of bits needed to encode a random variable
given its corresponding probability distribution [14]. As the uncertainty regarding the signal
decreases, the entropy will come down. Compression techniques try to reduce this uncertainty,
while using entropy coding techniques that strive to achieve the entropy rate while minimizing
computational overhead.

For binary images, initial compression standards like G3/G4 [15] represented the image as
a series of scanlines, where each scanline is assigned a variable length codeword using the
distribution of 0/1 symbols within the scanline. While G4 also looks at vertical features to
find similarities between scanlines, these techniques were not able to fully exploit the spatial
correlation found in the signal. The Joint Bi-level Image Experts Group standard (JBIG) [16],
introduced in 1993, with its context based “MQ arithmetic coder”, can adapt uniquely to each
possible combination of a predefined region of neighboring pixels. JBIG2 [17], the state of the
art bi-level image codec is similar to JBIG, but utilizes larger context models along with a more
efficient QM arithmetic coder to achieve better compression efficiency.

In this paper, we will focus on an alternative context modelling approach with arithmetic
coding, designed for the stochastic properties of holograms. The paper is structured as follows:
in section 2 adaptive arithmetic coding with fixed template context models are discussed, while
in section 3 tree-based context models for improving compression performance are described. In
section 4, the limitations of these statistical modelling techniques for holograms are discussed
along with ways to mitigate its compression impact. Section 5 describes the experimental results
and the work is concluded in section 6.

2. Arithmetic coding using fixed template context models
2.1.  Arithmetic coding

Arithmetic coders [18] belong to the family of entropy coders that can generate variable length
codewords that directly exploit probability relationships for achieving the entropy of the underlying
statistical model. For encoding a binary sequence, the encoding (and decoding) takes place in a
per symbol manner, where the encoding is equivalent to obtaining a probability estimate ratio
{1 — p, p} of the current symbol to be {0, 1}. To ensure successful decoding, the probability
estimate ratio used at the encoder should also be known at the decoder. As the length of the
sequence tends to co and the probability estimate ratio tends to the actual probability. The
arithmetic coder obtains the entropy bitrate. The present work utilizes the fixed point arithmetic
implementation as described in [19]. We refer to [19] for the intricacies on the practical design
of arithmetic coding.

Arithmetic coders also enable separation of the signal model design from the coding process
[19], allowing the development of flexible and tailor-made compression solutions. In many
cases, the required probability estimate ratio is not available and adaptive arithmetic coding is
required. Thereby, the probability estimate for the i symbol x; to be 1 is calculated using the
previous observations XV = xxy .. x;—1 with any arbitrary function. As more of a statistically
stationary signal gets processed, the model adapts better to the input statistics resulting in
improved compression.

Arithmetic coding is defined for 1D data, while holograms are 2D. To serialize 2D data, the
hologram is read in raster scan order, which maps some binary pixel x;; belonging to row k and
column / as i = (k — 1)A + L. If a row-wise raster scan is used and the starting point is in the top
left corner, any pixel in a row above or to the left and within the same row as the current pixel is
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accessible to the decoder. This knowledge can be used for adaptively determining the probability
estimate. As such the causality condition is fulfilled.

2.2. Fixed template context model

The conditional entropy of a general pixel considered a random variable now and denoted by X
given some k neighboring pixels X; is calculated by Eq. (1) as

H(X|Xpei) = — Z Z P(X, Xpei) logy (M) 1)

Y2 {01} xper= (0.1} Plenci)

The entropy is minimized when the pixel X can be predicted with high certainty from its
neighboring pixels Xye; and attains the maximum value of 1 bit per pixel (bpp) when an
equiprobable distribution is induced on X by Xy, i.e., when 0 and 1 would be equally likely.

For a diverse set of holograms, the calculation of entropy indicates that neighboring pixels
within the same color channel are correlated and can be utilized for data compression. Examples
for the entropy of a pixel given its immediate neighbors are shown in Fig. 1(a) for two holograms.
The holograms have equal physical dimensions and record the same CGH scene but at different
pixel pitches. As it can be seen, the uncertainty regarding the pixel can be reduced significantly
by utilizing the information present in neighboring pixels, where the uncertainty decreases with
smaller pixel pitches. For pixels belonging to different color channels no such correlation is
observed. Thus in this work, the color channels of a hologram are compressed independently.
This does not necessarily imply that the different color channels are completely uncorrelated, but
that no directly exploitable probabilistic relationship exists with nearby spatial neighborhoods
across different color channels.

Cat2K - 0.20 bpp

NI pixel pitch 3.2 ym \ it N
:\i\\\?&\g\\\kg | resolution 2048x2048 \\§\\ = eliavailableibutnotiused
& \t\\\\\ HIXIN) N\ g\\t\\\ :\\ N Pixel used for context
R Cat16K - 0.07 bpp X Qn‘ F ) )
pixel pitch 0.4 um M Pixel being encoded

resolution 16384x16384 Pixel not available

(@ (b)

Fig. 1. (a) Entropy of a pixel given its immediate neighbors for two holograms - Cat2K
(2048 x 2048 px, 3.2 um) and Cat16K (16384 x 16384 px, 0.4 um). Both holograms record
the same CGH scene at 633 nm. Entropy obtained by averaging over the individual entropies
of sub-holograms of size 512x512 from the hologram. (b) The 3L10P (3 line 10 pixel) fixed
template context model used in JBIG.

Bi-level compression standards like JBIG and JBIG2 make use of the fixed template context
model for adaptive arithmetic coding. Here, the probability for a specific pixel x;; of a
specific hologram is conditioned explicitly only with respect to a subset F of pixels in the close
neighborhood of x;; — available to the decoder. The number and spatial location of these
neighboring pixels with respect to the current pixel being encoded is fixed as shown in Eq. (2),
and is also referred to as the context in which the pixel occurs. An example for a fixed template
context model used in JBIG is shown in Fig. 1(b).

xk’I’F = [--xk—k',l—l’-'] for all (k/, l,) €F. (2)

We will now discuss the probability estimation function that is used for adaptive arithmetic
coding in our proposed scheme.

We chose a probability estimation function which assumes a statistically stationary signal, i.e.
where the probability distribution of any pixel given its context remains the same irrespective
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to its location. For a specific instance of a hologram this means, that some context ¢ = x**F of
the current pixel, the probability estimate p(c) is estimated by using histogram counts n(c) and
ni(c). Here, n(c) is how many times the context ¢ has occurred until now and n;(c) is in how
many of these occurrences the current pixel was 1. The expected rate of the arithmetic coder for
an estimate e will be given by Eq. (3), where f(p|c) is the conditional probability distribution
function (PDF) of the probability of the current pixel to be 1 given the context information.

1
R(e.c) = - /0 (102a(e) - F(ple) +oga(1 =€) - (1 = f(ple) )p. 3)

For an unknown prior distribution for the PDF, it can be shown using Bayes theorem [20] that

_ (n(c)+ 1)' L) | 1= n(c)-ni(c) 4
fple) m©!(n(e) - m@) "’ t=n . @

Using Eq. (4) and the Beta function property fol (1=t lar = %, the probability
estimate that minimizes the expected rate in Eq. (3) is given by
. ni(c) +1
= ——. 5
ple) n(0) %2 Q)

After encoding or decoding the current pixel the histogram counts (initialized as 0 for all
contexts) of the encountered context are updated accordingly.

This estimation method was chosen, as the analysis of a selection of holograms from different
sources indicated a high degree of diversity in statistical properties, which makes design of a
more tailored model difficult. The best, general statistical assumption that can be made is that for
holograms is quasi-stationarity, which requires a small detour to explain.

Any full hologram may be analyzed with on a smaller scope, within which the spatial frequency
changes slower than the variations of the underlying signal. This is true, as the rate of change of
the spatial frequencies is almost always (except for image-plane holograms) small compared to
the wavelength of light which is an approximate scale for the oscillations within the hologram.

Therefore, provided such a limited scope, the dominant spatial frequency is approximately
constant. This means, that if analyzed with any smaller window, the spatial frequency is
approximately translation-invariant within the scope. Coming back to our model from above,
within such a scope the conditional probability of a pixel and its context are approximately
independent of the spatial position of the pixel within said scope. Of course, the bigger such
a scope can be chosen, the greater the number of observations for a context and the better the
probability estimate in Eq. (5) converges towards the actual probability. However, the bigger the
scope the worse is typically the quasi-stationarity assumption. Therefore, there exists a tradeoff
which is regulated by the choice of the context size and the size of said limited scopes. How,
exactly we construct said scopes we will discuss in section 4. Before, we will describe how to
replace fixed with adaptive template models.

3. Tree-based context models

3.1. Statistical modelling

In the previous sections, we discussed adaptive arithmetic coding using a fixed template model -
a simple yet practical model used in context-based compression. In this section, we will discuss
the statistical modelling in more detail and elucidate the dependence of compression performance
on model complexity.

In case of a fixed template context — assuming a statistically stationary signal and neglecting
the impact of computational complexity — one might be tempted to pick a template set F
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that contains more neighboring pixels. This would be a valid choice once the probability
estimates have all converged to the true probabilities. Indeed, information theory postulates
that H(X|Y1,Y>) < H(X|Y;), which implies that the entropy regarding any random variable
decreases as the number of conditioning states increases. However, due to the finite number of
hologram pixels (or pixels within a scope), the true probability induced by some context and
the probabilities estimated using Eq. (5) will rarely be the same case. As the size of the fixed
template set F increases, the uncertainty may decrease but will also require more observations
for reliable probability estimates. This is because the increase in the number of context states due
to the bigger template dilutes the available statistical information used for probability estimation.

Mathematically, this is formulated by Rissanen’s lower bound [21] for the expected code
length for finite state models as a function of the model cardinality. This lower bound places
fundamental implications on the selection of an ideal statistical model. Increasing the cardinality
for the statistical model is the only way to reduce the conditional entropy of the stochastic process,

logn per additional parameter
n

but will increase the bit(s) per symbol by a value proportional to
[22].

3.2. Tree-based context modelling algorithms

The Universal Context (UC) tree algorithm introduced in [22] takes into account the implications
of model complexity on compression performance. As the penalty for every additional parameter
is proportional to loen its — which decreases as n increases — the algorithm uses a tree model
that adaptively increases the template size as more pixels are processed. Instead of having only
one fixed template model, the tree algorithm employs many fixed template models of different
sizes, out of which the model that encodes the current pixel being encoded with the least bits
needs to be determined.

Another aspect of tree-based algorithms is tree construction, which determines the child nodes
of some parent node. Free tree models [16] can provide more flexibility by permitting dynamic
ordering dependent on the context, but come at the cost of additional computational complexity.
On the other hand, a static ordering of M template pixels starting from the pixel with the most
predictive power to the least, is preferable for a simpler design. Furthermore, the static ordering
of M pixels can be communicated with at most log,(M!) bits, which is marginal overhead for
typical values of M. In contrast, dynamic ordering would require a not insignificant amount of
S 27 log, (M — i) bits.

The static ordering (k, ;) — (k,12)--- — (ku, ly) will determine the parent-child order
of the fixed template models contained in the tree. For the current pixel xi;, there shall be M
contexts x%4 = [Xk—ky j=1, Xk=ky =1y s - - - > Xk—ky,i-1,], Where 1 < d < M. Each possible context c?
forms a node of depth d in the tree, and stores the histograms counts n(c?) and n;(c?). After
selecting the best context model of depth d,, the calculation of the probability estimate for the
current pixel x;; is done with the fixed template model of depth d,, for the context x**% using
Eq. (5). After encoding the pixel, the histogram counts for the contexts x*¢ are updated for all
depths 1 <d < M.

For single pass schemes, the template pixel order can be determined with a suitable distance
metric with respect to the current pixel, such as the {; or £, metrics. Alternatively, given a
template of size M, a two pass scheme in which the first pass finds a suitable ordering for
compression can be employed [16]. Thereby, the ordering is determined by iteratively minimizing
the conditional entropy in Eq. (1). In the first step, the pixel with the lowest conditional entropy
of the pixels in the template is selected as the first pixel in the order. Subsequent steps then
determine the i pixel in the order by calculating the conditional entropy of all the remaining
M — i+ 1 pixels given the candidate pixel and the previously i — 1 selected pixels.
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For the determination of the best context depth d,,, the tree algorithms perform successive
child-parent coding efficiency comparisons from the deepest node to the root [23]. The best
depth d, is chosen as the first child whose coding efficiency is better than its parent.

We will introduce an Instantaneous Bayesian Context (IBC) tree algorithm in the next section,
that utilizes the same principle as the UC algorithm, which is to pick a larger sized model as more
pixels are processed. The differences lie in the rules deployed to decide for the best template
model.

3.3. Instantaneous Bayesian Context algorithm

The central problem to be solved by the tree-based context modelling algorithms is to compare
the coding efficiency of the parent node context ¢¢ with the child node context ¢¢*!. In IBC, we
employ Bayesian inference for this purpose, under the assumption of no a priori information
about the stationary statistical model generating the hologram.

Under these conditions, the minimal expected bitrate incurred at some node is obtained by
substituting the Bayesian probability estimate in Eq. (5) in Eq. (3) and is given by

ni(cd) + 1)

n(c?) +2

Ruay(c?) = hh( (©6)

The difference in the expected bitrate of using the parent node over its child nodes is given by

Ae?) = Rouy ()
! d d d d (7)
/O F(@le?) - Roay (I 11) + (1 = £(gle®)) - Roay ([c? 01)) dg.

where f(g|c?) is the PDF of the (conditional) probability of occurrence of the child context
[cd 1] given ¢ has occurred and given the histogram counts of the contexts. Without a priori
information, the PDF becomes

(n(c?) + 1)!
n([ed 1])!(n(c?) — n([ed 1]))!
Substituting Eq. (6) and Eq. (8) in Eq. (7), we get
ny (Cd) +1
n(cd) +2

n([e?0]) + 1 ~hb(m([6d 0]) + 1) n(fet1]) +1 _hh(m([cd 1) + 1)_

n(cd) +2 n([c?0]) +2 n(c) +2 n([ed 1]) +2

d d —n d
f(q|cd) - L e 1] | a1- q)n(c )=n([e? 1)) (8)

Ac?) = hb(
9)

If A(c?)>0, then the expected bitrate using the children is smaller than the parents. As
mentioned previously, the comparison starts at the deepest node and stops when the first children
that are better than the parent are obtained. Note that here the parent context ¢? is compared with
the information in both child contexts [¢? 0] and [¢“ 1], irrespective of the child context ¢*!
that has actually occurred.

In the case of the UC algorithm and its variants, the child-parent comparisons are done in
terms of an additional parameter stored per node. It is called the efficiency index [24] and is
based on a simulated coding metric called Predictive Minimum Description Length principle
(PMDL), which compares the cumulative cost of encoding a pixel, when using the statistics of
the child node, versus the statistics of the parent node. After encoding the current pixel, the
difference between the two code lengths is accumulated in the efficiency index initialized with an
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experimentally determined bias parameter Q. Once the efficiency index becomes negative it is
determined that the child has become better than its parent. In contrast to the IBC algorithm, the
next depth of the tree is not chosen immediately when the child becomes better than the parent
node, but only when the cumulative cost of encoding all the previously encountered pixels with
the child node is better than using the parent node. This means there exists a “lag” between the
evaluation point where the child node becomes better than its parent node and the point when
this is indicated by the efficiency index.

The compression performance obtained by the fixed template and tree models is shown in
Fig. 2 as a function of template size, along with the JBIG and JBIG2 implementations as baselines.
The evaluation was performed for a selection of binary sub-holograms of size 1024 x 1024 px.

L ey d 65
—JBIG baseline ——JBIG baseline ——JBIG baseline

095 [= = +JBIG2 baseline 07 |= = *JBIG2 baseline Nl +JBIG2 baseline

—+—Fixed template context —+—Fixed template context —+—Fixed template context

—e—Universal context 065 |—e—Universal context
—e—Instantaneous Bayesian context

55 |8 Universal context

0.85 | —*—Instantaneous Bayesian context —e—Instantaneous Bayesian context

08

Bitrate(bpp)

0 5 10 15 2 2 0 10 15 20 2 o 5 10 5 2 2
Template size Template size Template size

(a) (b) ©

Fig. 2. Lossless compression bitrate as a function of template size for various lossless
compression schemes for 1024 x 1024 px sub-hologram from (a) Sphere, (b) Aeroplane,
(c) Dragons. The order of template pixels is determined using the ¢; metric. The bitrates
obtained for JBIG and JBIG2 implementations are also provided as baselines.

In agreement with the trade-off imposed by Rissanen’s lower bound for finite state models
discussed in section 3.1, the compression performance of the fixed template model in Fig. 2
resembles a U-shape curve with respect to the template size. In contrast, for both the IBC and
UC tree algorithms the relationship is almost monotonic, where IBC and UC perform similarly
well. With the Bayesian probability estimation with unknown priors used in both fixed template
and tree models, it is possible to improve the compression performance over codecs like JBIG
and JBIG2.

For both fixed template and tree algorithms, we observe that the best performing template size
increases with the size of the processed hologram segments, as more information increases the
viability of having larger state models. However as mentioned in section 2.2, this analysis is
confounded by the non-stationary properties of holograms over relatively large segments, which
will also impair the compression performance of these models. The non-stationary behavior and
the ways to overcome this issue will be discussed in the next section.

There are differences in computational complexity between the three techniques. For some
depth d, 2¢+? histogram counts with integer precision are required for the UC and IBC tree
algorithms, while 29*! counts are needed for FT. In the case of UC, additional 2¢*! efficiency
indexes each representing a real number need also to be stored. In IBC and UC, the primary
contributors to the performed operations are the binary entropy function and logarithms computed
respectively for determining the optimal depth in the tree. Both these are transcendental functions
requiring several iterations to converge to an acceptable value. With IBC the accuracy for
correctly determining the sign of Eq. (9) is only required at a given point, which makes it
possible to leverage digit-by-digit algorithms like coordinate rotation digital computer (CORDIC)
[25]. In the case of UC, the required accuracy is undefined due to the cumulative nature of the
efficiency index. Even if we were to consider both transcendental functions to have the identical
number of operations, IBC still requires fewer computations in practical cases. This is due to
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the fact that in IBC, the binary entropy function (2 for each depth) needs to be calculated only
till the optimal depth is reached. In case of UC, the efficiency indexes needs to be updated by
computing logarithms (1 for each depth) for all depths belonging to the tree. As more of the
hologram is processed fewer computations need to be done for IBC with respect to UC. The
number of transcendental functions computed for both IBC and UC for a selection of binary
sub-holograms and template sizes is shown in Fig. 3. We see that in the region of interest, UC
requires approximately 2-3 times more transcendental function computations when compared to
IBC for holograms of size 1024 x 1024 px.

107 107 107

3 3
—— ——
Jas_tanlan‘eous( B?yesian context Instantaneous Bayesian context E\::::(anleot:i:yeslan context
—e—Universal context i o —o— rsal co
25 —e—Universal context

Transcendental computations
Transcendental computations

Transcendental computations

o 5 10 15 2 2 3 5 10 15 20 2 0 5 10 15 20 2
Template size Template size Template size

(a) (d) (©

Fig. 3. Total transcendental function computations as a function of template size for IBC
and UT for 1024 x 1024 px sub-hologram from (a) Sphere, (b) Aeroplane, (c) Dragons. The
order of template pixels is determined using the £ metric.

4. Hologram segmentation

The context-based adaptive arithmetic coding techniques discussed in the previous sections
assume a statistically stationary source generating the input data. The notion of stationarity is
however also frequently transferred to deterministic signals whose spectral content is (translation-
)invariant over space (in our case). Moreover, the notion is often relaxed using the quasi-stationary
assumption, which states that the rate of change of the spatial frequency in a given scope is
slow compared to the frequency itself. This notion hinges therefore on two dimensions, the
maximal size of the analysis window, used to evaluate a frequency and the scope for which
quasi-stationarity holds [26].

In general practical terms, holograms are known to be almost never stationary [27]: in the
sense that when the spatial frequency is analyzed with short windows across the entire hologram
it drifts with spatial position of the analysis window. The same holds true for the dominant spatial
frequency of the corresponding binary pattern. Or in other words, for a given short window and
hologram size, the conditional probability of the value of one pixel varies not only as a function
of its neighborhood, but also through the absolute position of the pixel in the hologram.

In our case, we consider the adaptive contexts to be the frequency analysis windows and
establish a limited scope within which the signal is approximately stationary, through a quadtree
segmentation which we will discuss promptly.

Empirically, we confirmed for a larger dataset (see Table 2) that when the segment size
increases, the average bitrate will initially decrease due to the improved convergence of the
probability estimate by the statistical model and then increase due to the drift in the statistical
behavior. We demonstrate this behavior by dividing the “Aeroplane” hologram of resolution
32768 x 32768 px into segments of size 256 X 256 px. The probability estimate and number of
occurrences of the context [0000000000] after processing each block independently are shown
in Fig. 4. The quasi-stationary behavior is universally observed for all contexts and holograms
tested.
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Fig. 4. Quasi-stationary behavior shown by (a) probability estimate of the occurrence of the
[0000000000] context conditioned by the number of its (b) total occurrences. The context
belongs to the 3L10P fixed template model. These parameters are calculated for spatial
blocks of size 256 x 256 px from the Aeroplane hologram. While (a) shows a big difference
in suitability of a fixed context for various regions of the hologram, (b) shows that the chosen
context is still very useful in the central region where its most occurrences are.

While all compression codecs used in this work employ segmentation schemes, these are
not designed for holographic content. For example, the JBIG2 [28] standard can segment the
input into three region types, namely of text, halftone and others — a solution not applicable for
holography.

We propose to use a quadtree to determine the segmentation producing the smallest bitrate.
Quadtrees allow for an image to be decomposed into variable sized tiles permitting more degrees
of freedom [29] for the compression solution to adapt to the properties of the hologram. A
single quadtree decomposition of some two-dimensional image I divides it into four equally large
sub-images as shown in Eq. (10), where each child can be further be split in a recursive manner.

I I
I Nw | INE . (10)

Isw | Isg

To find a compression-aware decomposition for a given hologram, we pursue a data-agnostic
approach for the lack of existing heuristics and the great variability among holograms. Starting
from a chosen the smallest sized segment size possible, we increase the segment size as needed.
Each child quadtree segment is fully encoded, as is its parent. The bitrates are obtained and
compared. If the cumulative bitrate of the children is smaller for some node than their parents the
decomposition is maintained, otherwise the decomposition level is reduced and the procedure
starts again. The entire procedure stops once no more parent nodes report a smaller bitrate than
their children.

In the next section, we study the influence of compression performance of all the compression
methods with and without the quadtree segmentation. For hologram compression, spatial
segmentation into independent units not only ensures separation of the statistical behavior from
various regions of the hologram, but also enables random access and parallel processing - key
features for any practical codec to be used in hologram compression [30]. Without segmentation,
these features are not possible for adaptive entropy coding schemes due to their sequential nature.
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5. Results

In this section, we will evaluate the compression performance of the algorithms listed in Table 1
on a diverse set of holograms. This set features both computer generated and optically captured
holograms and also includes a selection of holograms from the JPEG Pleno database. The
numerical reconstructions obtained from these holograms are shown in Fig. 5. The bitrates
obtained by the compression solutions for the various holograms are presented in Table 2, where
the percentual reduction in bitrate obtained by the adaptive quadtree segmentation is provided in
brackets.

Table 1. Compression solutions evaluated in section 5.2

Compression algorithms | Short description Template size

Adaptive fixed point arithmetic coder with a tree-based context
algorithm. Performs Bayesian estimation assuming unknown .
IBC (Entropy), IBC (£) up to 25 pixels
prior probability distributions. Pixel order used in tree determined

by entropy estimation and £; distance metric respectively.

Adaptive fixed point arithmetic coder using fixed template context | 16 and 10 pixels
FT (16 pel), FT (10 pel) | algorithm. Performs Bayesian inference assuming unknown prior | respectively

probability distributions.
Implementation of ISO/IEC 14492 standard. Adaptive MQ coder 16 with optional

JBIG2
with a fixed template context algorithm. 4 adaptive pixels

IBIG Implementation of ISO/IEC 11544 standard. Adaptive QM coder 9 with optional
with a fixed template context algorithm. 1 adaptive pixel
Implementation of ISO/IEC 15948 standard. Uses a simple

PNG predictor filter with 5 states followed by entropy coding of the 4 pixels

prediction residual using the DEFLATE [31] algorithm.

¢IBC: Instantaneous Bayesian Context; FT: Fixed Template; PNG: Portable Network Graphics format

It can be seen that the tree-based IBC outperforms the fixed template (FT) context algorithms
in compression performance, where the best performer is the two pass IBC (Entropy) solution.
For the average bitrate calculated over all holograms, it was able to obtain a percentual reduction
of 0.4%, 2.4%, 6.3%, 6.5%, 19.7% and 38.1% with respect to IBC (L1), FT(16), FT(10), JBIG2,
JBIG and PNG , respectively, with all methods employing adaptive quadtree segmentation. In
the case of fixed template algorithms, we saw that a template of size 16 outperformed the size
10. FT(16) requires a bitrate that was around 4.0% lower on average when compared to FT(10),
while JBIG2 was around 14.0% lower compared to JBIG.

Comparing the algorithms with similar template sizes — FT(16) with JBIG2 and FT(10) with
JBIG — we see percentual reductions of 4.3% and 14.3%, respectively. This indicates that in the
case of holograms, the unknown a priori assumption based probability estimation used by FT(16)
and FT(10) can offer improved compression performance over the estimation used in bi-level
image compression standards. For JBIG, the compression performance is further affected as it
uses the QM coder - an entropy coding solution that sacrifices compression performance for a
low(er) computational burden.

The compression gain of the adaptive quadtree segmentation is hologram dependant, and is
somewhat marginal for smaller resolutions. The percentual reduction obtained by the quadtree
for the various compression methods, calculated over the average bitrate of all holograms, is
given in Fig. 6(a). It can be seen that the quadtree gain for the various image compression
standards is moderate compared to IBC and FT, as the standards implement spatial tiling as part
of their default operation. In general, for context based solutions, we observe that the larger
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Fig. 5. Numerical object plane reconstructions of a diverse hologram set used for evaluating
compression techniques: (a) Wolf - OCH, 2048 x 32768 px, 3.45 um, 633 nm; (b) Sphere -
OCH, 2048 x 32768 px, 3.45 um, 532 nm; (c) Aeroplane - CGH, 32768 x 32768 px, 1 um,
638 nm; (d) Dragons - CGH, 16384 x 16384 px, 2 um, 475 nm; (e) Cornell box - CGH,
32768 x 16384 px, 2 um, 633 nm; (f) Deep Cornell box - CGH, 32768 x 16384 px, 2 um,
633 nm; (g) Ring - CGH, 32768 x 16384 px, 0.4 um, 473/532/640 nm; (h) Piano - CGH,
32768 x 16384 px, 0.4 um, 473/532/640 nm; (i) Dices - CGH, 32768 x 16384 px, 0.4 um,
473/532/640 nm. The operating parameters of the holograms are listed in the following order
- source, resolution, pixel pitch, and wavelength/s. CGH: computer-generated hologram;

OCH: optically captured hologram.
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Table 2. Bitrates in bpp obtained by various compression methods with adaptive quadtree
segmentation for a diverse set of holograms.?

Hologram Wavelength IBC 1BC T T JBIG2 JBIG PNG
(Entropy) (LD (16 pel) | (10 pel)

Wolf 633 nm 0.556 0.561 0.565 0.597 0.583 0.689 0.779
(0%) (0%) (0%) (0%) (0%) (0%) (0%)

Sphere 532nm 0.572 0.577 0.577 0.601 0.590 0.704 0.810
(0%) (0%) (0%) (0%) (0%) (0%) (0%)

Aeroplane 638 nm 0.534 0.538 0.552 0.562 0.563 0.669 0.886
(17.6%) (17.0%) | (23.4%) | (48.5%) | (10.5%) | (13.7%) | (8.1%)

Dragons 475 nm 0.474 0.477 0.492 0.510 0.512 0.559 1.170
(10.9%) (10.3%) | (13.4%) | (18.4%) (5.2%) (6.7%) (0%)

Cornell box 633 nm 0.572 0.575 0.586 0.610 0.619 0.691 0.864
(11.0%) (10.6%) | (18.8%) | (39.5%) (4.3%) (6.4%) (1.5%)

Deep 633 nm 0.548 0.550 0.566 0.603 0.593 0.687 0.861
Cornell box (11.9%) (11.6%) | (18.6%) | (39.5%) (3.9%) (5.8%) (1.6%)
Ring 640 nm 0.571 0.572 0.585 0.601 0.613 0.711 0.897
(10.2%) (10.1%) | (17.0%) | (38.4%) (3.6%) (4.4%) (0.9%)

532nm 0.656 0.657 0.665 0.675 0.698 0.789 0.944
(8.8%) (9.5%) (13.6%) | (36.1%) (4.0%) (4.6%) (1.0%)

472nm 0.686 0.687 0.692 0.698 0.727 0.821 0.971
(8.9%) (8.8%) (13.1%) | (34.4%) (4.2%) (3.9%) (0.9%)

Piano 640 nm 0.403 0.404 0.420 0.443 0.441 0.552 0.817
(19.9%) (19.7%) | (31.9%) | (56.4%) (5.4%) (7.5%) (2.5%)

532nm 0.468 0.469 0.483 0.501 0.506 0.614 0.870
(16.0%) (15.8%) | (26.9%) | (52.8%) (5.8%) (8.4%) (2.6%)

472 nm 0.514 0.516 0.532 0.549 0.550 0.663 0.902
(15.3%) (15.0%) | (24.0%) | (52.6%) (7.3%) (9.9%) (3.6%)

Dices 640 nm 0.467 0.469 0.484 0.532 0.513 0.609 0.783
(15.7%) (15.5%) | (23.3%) | (34.2%) (3.9%) (3.3%) (1.4%)

532nm 0.556 0.558 0.571 0.608 0.603 0.694 0.828
(12.6%) (12.3%) | (19.9%) | (35.8%) (4.3%) (3.6%) (1.4%)

472nm 0.626 0.628 0.638 0.664 0.674 0.761 0.868
(9.8%) (9.5%) (16.5%) | (36.3%) (4.1%) (4.2%) (1.6%)

“The percentual decrease in bitrate through the use of the quadtree is stated in brackets.
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sized templates are more resilient to non-stationary effects. This is because the larger number of
unique contexts inherently offers some level of separation for the differing behavior.

Algorithm Reduction (%)
IBC (Entropy) 111 . % performance overview
IBC (L1) 10.9 " e (6 po
" |——FT (10 pel)
FT (16 pel) 17.6 g B
FT (10 pel) 37.7 -E 8
JBIG2 44 @]
JBIG 5.5 05
PNG 1.8 " sorad hoI;gramminde;: :

(a) (b)

Fig. 6. Summary of compression results. (a) Average percentual reduction in bitrate through
the use of quadtree segmentation for the various compression solutions. (b) Bitrate achieved
by the various compression solutions (PNG excluded) with quad tree segmentation for all
holograms. Holograms sorted from left to right in order of increasing bitrate obtained by
IBC (Entropy) compression solution.

The compression performance for all codecs and all holograms is summarized in Fig. 6(b).

6. Conclusion

In this work, the application of context based adaptive arithmetic coding for the compression
of binary hologram was explored. The limitations caused by the quasi-stationary behavior
of holograms was demonstrated for these approaches, as they are valid only for a statistically
stationary signal. To mitigate this, an adaptive quadtree-based spatial segmentation scheme was
proposed, which not only demonstrated improvements in compression performance but also
facilitates spatial random access.

The tree-based IBC (Instantaneous Bayesian Context) algorithm was described, which utilizes
Bayesian inference under the assumption of unknown priors. For all 9 tested holograms generated
from various different techniques, IBC obtained the smallest file sizes. In total, 7 different
compression configurations were evaluated and the compression results are visually summarized
in 6(b). Overall, when compared to direct application of the JBIG2, JBIG and PNG compression
standards, our IBC based compression solution was able to obtain percentual reductions of
12%, 31.7% and 64.5% respectively. It was submitted as part of the INTERFERE compression
proposal [32], in response to the JPEG Pleno call for proposals for holographic content coding
[33] and selected as the solution for encoding of binary holograms.
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